We give a very simply computable interpolatory process, wich approximates in near-best order on [-1,1] in some Jacobi-weighted space.
In this paper we should like to give a de la Vallée Poussin-type interpolatory process in some Jacobi weighted spaces, and deal with the question of approximation of continuous functions. The utility of this method is in the simplicity of the nodes, that is instead of for instance, the roots of orthogonal polynomials, or Fekete or Leja points, we shall interpolate on the nodes jπ ν ,  = −ν, . . . , ν − 1, and so the computations are very simple. Our starting point was a trigonometric expression of the Christoffel-Darboux kernel of Jacobi-Fourier series (see Szegő 9 .3.5 [13] ). Summarizing the main-part of this formula from l + 1 to 2n (the tail-part does not tends to zero with n!), we can construct our interpolatory operator: M and
and
Let us define the interpolatory operators as:
where
At first we have to note that as it can be easily seen that ∀i, j = 0, . . . , ν,
On the other hand
, we can expound the expression in the bracket as
In the followings, we want to construct an operator extended on [−π, π), which is bounded, and for which a reproducing property is valid. Because of this extension, some values of f may appear more than once, so we have to introduce some ε j constants, to neutralize this occurence, that is we have to use
To guarantee some reproducing property of M
n,l (f, ϑ), we have to handle somehow the last two summands. For the purpose of this, we will choose α+ 
In the followings we will deal with only these types of parameters. (Here we have to mention that we have another possibility to define an interpolatorytype system of nodes: ϕ j = 2jπ 2n−l , but it is well-defined on [−π, π) if and only if α + 1 2 ∈ Z, and if α + β ∈ Z, that is we have to choose p and q to be integers again.)
Notations, Result
With the above notations, in the followings, let α + 1 2 = p, β + 1 2 = q with p, q ∈ Z. Now, we can choose
and l = n or l = n+1, according to the pairity of p+q,
n,n+1 . Furthermore let N = 2n − l, and 3N = 2n + l.) Since 2γ = −pπ, we have that
, and so
Notation:
(1)With the above notations, we define a trigonometric polynomial (u(ϑ)) such that 1] , and x j = cos ϕ j = cos jπ ν .
where 
Definition 4 E
is the error of the unifomly best approximating polynomial/trigonometric polynomial (p)with degree n, with respect to a weight: w.
Remark: By the same arguments one can prove that (
Proof
For the proof of the theorem, by the substitution x = cos ϑ we can work on [0, π), and then we can extend the funtion, and the operator as well to [−π, π).
So our first lemma is

Lemma 1 Let p and q be nonnegative integers, and let
Remark:
In the followings we will use l = n or l = n + 1 again, if it is necessary. Now we can turn to the proof of the reproducing property:
Remark: Naturally in the above expression u(ϑ) is necessary only that points, in which it is zero.
Proof:
At first we will deal with case (a). Now
d µ cos µϑ is also a cosine polynomial,
Changing the order of summations, we can write
and according to (ii), for an 
So because
cos mϕ j cos mϑ
In case (c)
µϑ is a sine polynomial, and using the orthogonality of sin
Lemma 4 With the previous notations
Proof: case (a): 
Σ 3 is similar to Σ 1 :
